F. Diaz y Diaz has discovered 99 discriminants d between -3321607 and -60638515 inclusive for which Q(\fd) have a 3-rank r3 = 3. These 99 imaginary quadratic fields are analyzed here and the class groups are given and discussed for all those of special interest. In 98 cases, the associated real quadratic fields have r3 = 2, but for d = 44806173 = 3 ■ 14935391, Q(\fd) has a class group C(3) X C(3) X C(3);
older work of R. J. Porter [6] , [7] , the distinction being that Porter computed irregular determinants -D, in Gauss's terminology, with D not necessarily square-free. Porter systematically computed reduced quadratic forms Au2 + 2Buv + Cv2 of order 3 under composition, and then sorted them on their negative determinants D = AC -B2.
Of the 99 D in [5] , the smallest is For several investigations, such as certain studies of cubic fields (see [8] , [9] , [10] , [11, pp. 285-286] ), it is useful to examine a number of such D and the class groups of their Q(\J~D ). I have examined all 99 D in [5] , and in Table 1 I list all 35 of these that have A < 27 • 50. Table 1 
lists D; its factorization ip means prime);
the ratio A/27; and the class group (with (4) above abbreviated as 3 x 3 x 18, etc.).
Also listed is the Dirichlet function Z,(l, x) = nh/y/D, and each field is assigned an identification number #. Note that (4), (5), and (6) above are#'s 1, 2, and 10, respectively. Table 2 includes eight other fields selected from the remaining 64 because they are of special interest.
Commentary on These Fields. Field #1 has the smallest A, the smallest ¿(1, x), and its exponent 18 is minimal although it is duplicated in #3 and #14. The 18th power of each of its integral ideals is principal, cf. [12] , [13] . The next smallest exponent is 24 and occurs in #22 and #42. D is minimized in #10, and this is also the smallest prime D. But note that in #5 Q(\J-1204729) also has r3 = 3, so -1204729 is the smallest prime determinant in Gauss's terminology. The smallest determinant is -1118090 and is found in #29. Surprisingly, its class group contains 0(6) x 0(6) x 0(6). Accordingly, Fields #14, 39, 40, 42, and 43 also contain 0(6) x 0(6) x 0(6).
License or copyright restrictions may apply to redistribution; see https://www.ams.org/journal-terms-of-use Note that #22 contains C(4) x C(8) and #35 contains C(5) x C(5) so their principal genera are irregular not only in their 3-Sylow subgroup but in an additional pSylow subgroup besides. Field #36 is the third smallest D but has a relatively large A.
Field #37 has the largest ¿ (1, x) ; one finds that its id/p) = + 1 for all p < 19. Field We thus discover that, for
the real field Q(\Jd) has r3 = 3.
The principal reduced quadratic form of discriminant (7) is (8) u2 
